

β* A (3'.<, 36.",4-. +," ($<'E$ <$"!%!'! +!1$4&$<$ ). (x, y) ∈ β ,<.* 'x :8+/4& y:8+/49(+9 :9+ )+,46&F 5! -! 'y :8+/4& x :8+/49(+9 /;96! )+,46&F -,5/"069 >4!(*<!5$%!"-!4 .-,4-,1,',6 !%$#(!4%$(%!* 7/10 (.6*
x :8+/4 y :8+/49(+9 -*<*-3*6& 5! -!
y :8+/4& x :8+/49(+9 7*=*-3*6&-,5..1,69 ?040 +,"!6 -!:! ,%.", 28&3"3;*

(x, y) ∈ β, xβy5.",4.
x � y, y � x<,'2.%.",4, .# !4%!'-! (0%%!4!!1$69 G!4$'$'$6$* 5.4, <,'2.%."%. 5!;!+,%,",6HIJ



 !  !"#$ %& '()*"*$*  *+(,-("*)( !"#$ %&'&(& "#$ #%&'(') *+, A -.&/0+ .1/,+)2/ 3')4&%4 *+, � *'54)3404 6/7,+%0+)8'8 x ∈ X ⇒ x � x*8 (x, y ∈ X ∧ x 6= y ∧ x � y ⇒ ¬(y � x)8 (x, y, z ∈ X ∧ x � y ∧ y � z) ⇒ x � z:1/%+-%/,+)/ 0';+< � *'54)3404 *+,  !"#$! %&' ()* "!+,),#, -,.!/&!"!024,8"= 2=,=&2' (X,�) 0+03/&+)/ -40&>4 04,'%4 *+, 0+03/&2+, ?-00℄ 2+(//5+18A5/, a � b 6/ a 6= b +0/B a :5/0+ -/0+)%+-%/ b :5/0+)2/) -.C.-3., 2+(#, 6/*=)= a ≺ b 0+&D/0+(%/ D:03/,+(#,=18 E+&D/%/,%/ 0:(%/,0/-
a ≺ b ⇔ a � b ∧ a 6= b FG8HI2+,8J40&>4 E4,'%'&' "'54)3404B -.&/(/ '+3 ;/, :5/ C+K3+)+ *+,*+,+(%/ -',$4%'$34,7&'('*+%+,L (')+B ;/,;')D+ +-+ :5/2/) *+,+0+ *.(.-B :3/-+0+ -.C.- #%&'- 1#,=)2'2/5+%2+,8 "'54)34('  !"#$! 2/)&/0+)+) )/2/)+ 2/ *=2=,8 !"#$ %&'&)& r +%/ n +-+ 3'&0'(4 #%&'- .1/,/B r 3'&0'(404 n 3'&0'(404)4 -'%')041*:%.(#,0'B r ",1!"! n 1' &,# -2)314+5 2+(//- 6/ *=)=B -40''B r | n 0+&D/0+(%/L/5/, 3'& *:%/&+(#,0' r 6 |n 0+&D/0+(%/ D:03/,//5+18*+",-.,+H8 A = {1, 2, 3, 4, 5, 6, 7, 8, 9} -.&/0+)2/ 3')4&%4B

β = {(x, y) : x | y}*'54)3404)4) *+, -40&>4 04,'%'&' *'54)3404 #%2=5=)= D:03/,+)+186273#8 β )4) (')04&'%4B ')3+0+&/3,+- 6/ D/C+$-/) #%2=5=)= D:03/,&/%+(+18F'I M/, 3'&0'(4 -/)2+0+)+ 3'& *:%/,8 N ;'%2/B
∀x ∈ A ⇒ x | x ⇒ (x, x) ∈ β ⇒ β 1,/"!#,)!9!+:F*I O,)/5+)B 3 | 6 24,L '&' 6 6| 3 2.,8 "=)= D/)/% #%','- ('1',0'-B

(x 6= y) ∧ (x, y ∈ A) ∧ (x | y) ⇒ (y 6| x) ⇒ β ,/&'"'#(&+' &'+#%=,8FI O,)/5+)B
(2, 4, 8 ∈ A) ∧ (2 | 4) ∧ (4 | 8) ⇒ (2 | 8)2+,8 "=)= D/)/% #%','- ('1',0'-B

(x, y, z ∈ A) ∧ (x | y) ∧ (y | z) ⇒ (x | z) ⇒ β ;(<'= (/9'+#%=,8



 !"! #$%$&'(&  !" #$%&'( β )*+ ,-./0- .-+$%$/$ )$1-23-.-&-+454 6*+ X ,7/'.*2*2 )7372 $%3 ,7/'%'+*2&'2 8%9:$2 ,7/';* <$*%';*= P(X) *%'>?.3'+'%*/@ ;$2*(
P(X) = {A | A ⊂ X} (1)8%.924 69 $*%' 7A'+*2&' ,$B.$/$ )$1-23-.-2-2 )*+ ,-./0- .-+$%$/$ )$1-23-.-8%&91929 >?.3'+*2*A4 !"#$%

β = {(A,B) | (A ⊂ B) ∧ (A,B ∈ P(X)))$1-23-.-2-2 ;$2.-/$%-( $23*.*/'3+*, C' >'D*:,'2 8%&91929 >?.3'+/'%*;*A4<$= E'+ ,7/' ,'2&*.*2* ,$B.$+4 F8%$;-.-;%$(
∀A ∈ P(X) ⇒ A ⊂ A ⇒ (A,A) ∈ β ⇒ β &'()*$'+*,*-.<)= A ,7/'.* B 2*2 #$. )*+ $%3 ,7/'.* *.'( B ,7/'.* A 2-2 $%3 ,7/'.*8%$/$AG

(A 6= B) ∧ (A,B ∈ P(X) ∧ (A ⊂ B) ⇒ (B 6⊂ A) ⇒ β '(/0)0$1/-02/0-<=
(A ⊂ B) ∧ (B ⊂ C) ⇒ (A ⊂ C) ⇒ β 3140521(,0- !"#$ %&'&(& (A,�)= ,-./'2 .-+$%$2/-: )*+ .*.3'/ 8%.924 I ,7/'.*2' $*3 a C'

b >*)* #'+#$2>* *,* ?1' C'+*%.*24 J1'+ a � b ;$ &$ b � a 8%9;8+.$ a *%' b ?1'%'+*2'
� )$1-23-.-2$ >?+' $62'&1)1 1,0+170+0- *,* ?1'&*+( &*;''1*A4K-./'2 .-+$%$2/-: )*+ ,7/'2*2 #'+#$2>* *,* ?1'.*2*2 &$*/$ /9,$;'.' '&*%')*L%*+ 8%/$.- >'+',/'A4 M$3'2 82*)$1( )*-'+'($*58 &';*/* &' )9+$&$2 >'%/',3'&*+4K-./'2 .-+$%$2/-: )*+ .*.3'/* )$A$2 )*+ D*A>* &*;$>+$/%$ >?.3'+/', 9;>928%9+4 69292 *D*2 x � y *.' x ?1'.*2* 3'/.*% '&'2 28,3$( y ?1'.*2* 3'/.*% '&'2 28,L3$;$ >?+' &*;$>+$/&$ &$#$ $:$1-&$ )*+ ;'+' ,829:%$2&-+-%-+4 x &'2 y 28,3$.-2$>*&'2 ;9,$+-;$ &81+9 ;?2%'2/*: )*+ &81+9 B$+D$.- *%' ;$ &$ &81+9 B$+D$%$+-2&$28%9:$2 ,-+-, )*+ D*A>* *%' )*+%':3*+*%*+4 !" #$%$&'(&)*+ ,- ./+ 0#"#1*!1 !"#$ %&2&'& (X,�)= ,-./'2 .-+$%$2/-: )*+ .*.3'/ 8%.92 C' )*+ A ⊂ X $%3,7/'.* C'+*%.*24 J1'+ )*+ w ∈ X ?1'.* A 2-2 #'+ ?1'.*2&'2 ,7D7,.' <?2' >'%*L;8+.$=@ ;$2*

∀a(a ∈ A) ⇒ w � a <N45=*.'( w ?1'.*2' A ,7/'.*2*2 )*+ '+/ )*(*-*,*- ( &'2*%*+4



   !"#$ %& '()*"*$*  *+(,-("*)(!"#$%&" '()#)*+ ,%# u ∈ X -."$% A &/& 0"# -."$%&1"& ,232*$" 4$'&#) 5"(%3'#6$)78 3)&%
∀a(a ∈ A) ⇒ a � u 49:;7%$"+ u -."$%&" A *2<"$%&%& ,%#  !" !#$#%#&#% + 1"&%(%#: !"!# $%&'(' )* +(,-*'(' !" #$%$&!'&$% (% )*+*,*-'%$. /01010 (X,�)7 */$<"& $/#)()&</= ,%# $%$>"< '($?& @" ,%# A ⊂ X )(>*2<"$% @"#%($%&: A=)./1)*% %*% -B"(%." $)0%C$"+ α ∈ X -."$%&"+ A *2<"$%&%& '("!#$#%('%#$#$ )$ * + , & % 4)$",+ ",)$+ %&D<?<+ %&E7 1"&%(%#:4%7 α -."$% A *2<"$%&%& ,%# )(> $/&/#/1/#:4%%7 α -."$% A *2<"$%&%& )(> $/&/#()#/&1)& '(?=)& *2<"&%& ,%# 2$> $/&/#/1/#:F? 1?#?<1)

α = aseb(A) α = inf(A) α = infimum(A) 49:G7$%<5"("#%&1"& ,%#%$%&% *?(()&/#/B:23" #$%$&!'&$% (% 4*5*,*-'%$. /01060 (X,�)7 */$<"& $/#)()&</= ,%# $%$>"< '($?& @" ,%# A ⊂ X )(>*2<"$% @"#%($%&: A=)./1)*% %*% -B"(%." $)0%C$"+ β ∈ X -."$%&"+ A *2<"$%&%&  !"!#$#%('%#$#$ )$ - . , & % 42$"*+ "*2$+ $?C#"<?<+ $?C7 1"&%(%#:4%7 β -."$% A *2<"$%&%& ,%# 2$> $/&/#/1/#:4%%7 β -."$% A *2<"$%&%& 2$> $/&/#()#/&1)& '(?=)& *2<"&%& ,%# )(> $/&/#/1/#:F? 1?#?<1)
β = 2$"*(A) β = sup(A) β = $?C#"<?<(A) 49:H7$%<5"("#%&1"& ,%#%$%&% *?(()&/#/B:

(X,�)7 */$<"& $/#)()&</= ,%# $%$>"< '($?& @" ,%# A ⊂ X )(> *2<"$% @"#%($%&:
A *2<"$%&%& ,%#1"& I'* )(> $/&/#/ @" ,%#1"& I'* 2$> $/&/#/ @)# '(),%(%#: !),%%+ A*2<"$%&%& 0%I )(> $/&/#/ 3) 1) 0%I 2$> $/&/#/ '(<)3),%(%#:F"&B"# ="*%(1"+ A *2<"$%&%& )(> $/&/#()#/&/& "& ,232.2 4%&E7 3) 1) 2)> $/&/#6()#/&/& "& *2I2.2 4$?C7 '(<)3),%(%#: A<) @)#$)+ ,?&()# )&)* ,%#"# >)&"1%#:F)=*) ,%# 1"3%=("+ inf(A) @" sup(A) -."("#%&%& 0"# %*%$% 1" @)# '(<)3),%(%#+ 3)(6&/B ,%#%$% @)#'(),%(%# 3) 1) 0"# %*%$% 1" @)# '(),%(%#: K)#(/* 0)(%&1" ,?&()# ,%#"#>)&"1%#: L'()3) $"B%(",%("".% 5%,%+ A *2<"$%&%& ,%# )(> $/&/#/+ ,%# 2$> $/&/#/+
inf(A) @" sup(A) -."("#% @)#$) A *2<"$%&" )%> '(),%(%#("# 3) 1) '(<)3),%(%#("#:



 !"! #$% &'($)$%$ *$+',#'&'  ! !"!" #$%$&'( )* #'+,$&'( -.*(*/ !"#$ %&'&(& (X,�)" #$%&'( %$)*+*(&$, -.) %.%/'& 0+%1( 2' -.) A ⊂ X *+/#3&'%. 2').+%.(4 A #3&'%.(.( 5.6 -.) 78'%. -.) b ∈ A 78'%.(9'( -3:3# 9'8.+%';:*(.
∀a(a ∈ A ∧ b � a) ⇒ a = b <!4=".%'> b 78'%.(' A #3&'%.(.(  !"#$ !% &'()("*+, -.) 78'%.9.)> 9'(.+.)4?'(@') ,'#.+9'> A #3&'%.(.( 5.6 -.) 78'%. -.) b ∈ A 78'%.(9'( #363# 9'8.+%';:*(.
∀a(a ∈ A ∧ a � k) ⇒ a = k <!4A".%'> k 78'%.(' A #3&'%.(.(  $-$ !% &"(*("*+, -.) 78'%.9.)> 9'(.+.)4 !"!0 #'+,$&1& )* #$%$&1& !"#$ %&'&)& (X,�)" #$%&'( %$)*+*(&$, -.) %.%/'& 0+%1( 2' -.) A ⊂ X *+/#3&'%. 2').+%.(4 β = sup(A) 2*) 2' β ∈ A .%'> β 78'%.(' A #3&'%.(.( +-'()("./+#$ & !"#$ 0 , 9.:''8.@4?'(@') ,'#.+9'> α = inf(A) 2*) 2' α ∈ A .%'> α 78'%.(' A #3&'%.(.( +-"(*("./+#$ & $-$ 0 , 9.:''8.@4 !" #$% &'($)$%$ *$+',#'&' !"#$ %&*&+& C)D3( #$%&E$ %$)*+*&* -*8$(/$%$(*> /*& %$)*+*&* -*8$(/$%$> 9'(.+.)4F($&%*(**8$ 3@')'> -*8$(/$($( 7)D3( 0+&*%$ 9'&'#> #3&':' *./ 5') 78' 6.GH/.(.( -*8$(/$($( D)*I8.(9' 0+&*%$ 9'&'#/.)4 ?1(1 %$)* -*8$(/$%$ .6.( 93,3(3)%'#>5') 78' 6.G/. -.)-.).:+' &1#*:'%' '9.+'-.+.) 9'&'#/.)4 ?1(* D7)'> -0, 0+&*:*( -.)

A #3&'%. 3@').(9' /*($&+$ -.) � -*8$(/$%$ :*(%$&*+$> *(/.%.&'/).#> D'6.,#'( 2'7)D3( .%'> -.) /*& %$)*+*&* -*8$(/$%$9$)4 ?1(1 %.&D'+')+' .G*9' '9'+.&J?0, 0+&*:*( -.) A #3&'%. 3@').(9' /*($&+$ -.) � -*8$(/$%$ 2').+%.(4*4 x ∈ X ⇒ x � x-4 (x, y ∈ X ∧ x 6= y ∧ x � y ⇒ ¬(y � x)4 (x, y, z ∈ X ∧ x � y ∧ y � z) ⇒ x � z94 (x, y ∈ X) ⇒ (x � y) ∨ (y � x)7@'+.#+').(' %*5.K � -*8$(/$%$ -.) 1! 234!%! ! 5!/3-63#379$)4L*& M$)*+*&* ?*8$(/$%$> #3&':' *./ 5') 78' 6.G/.(. -.)-.).:+' #*),$+*,/$)$);:*(.> 5')5*(D. .#. 78'9'( -.).%. -3:3#> 7/'#.%. #363# 0+&*# @0)1(9*9$)4L*& %$)*+*&* -*8$(/$%$(* 6( +% #34!%! !8 9:/40#!% #34!%! !8 %$-++4 #34!%! !D.-. *9+*) 9* 2').+.)4



 !  !"#$ %& '()*"*$*  *+(,-("*)( !" #$# %&'()(*( !"#$ %&'&(& (X,�)" #$%&'( %$)*+*(&$, -.) %.%/'& 0+%1(2 X #3&'%.(.( -0,0+&*4*( 5') A #3&'%.(.( '( #363# 7&.(.&1&" 89'%. :*)%*X #3&'%. .4. %$)*+$;$):' (X,�)" .4. %$)*+*(&$, -.) %.%/'&;.)< ;'(.+.)2=0+*4* %'?.+'-.+;.9. @.-.< N ;09*+ %*4$+*) #3&'%. .4. %$)*+$;$)2 A')6'#/'< .4.%$)*+$ %.%/'&< ;09*+ %*4$+*)$( %$)* 8?'+.9.(' -'(?') 8?'+.9' %*5.B 0+*( %.%/'&;.)2)*!+# %&'&(& (X,�)" #$%&'( %$)*+*(&$, -.) %.%/'& 0+%1( :' -.) A ⊂ X *+/#3&'%. :').+%.(2 C,*9$;*#. 8?'+.#+')' ;.##*/ ';.+&'+.;.)2D2 A #3&'%.(.(  !" #$ %&" &'(')! )' A #3&'%.(' *./ 0+&*4*-.+.)2 A')6'#/'<6091 8)('#/' -84+';.)2E2 A #3&'%.(.( *+(+* ! #$ * ,&+* ! 89'+'). :*) 0+&*4*-.+.)2 F*) 0+;1#G+*)$(;* -1(+*) A #3&'%.(' *./ 0+1)+*)2H2 A #3&'%.(.( +(-*.*. #$ &./)$*.*. :*) 0+&*4*-.+.)2 F*) 0+;1#+*)$(;*
�)" /*& %$)*+$ .%' A #3&'%.(.( &.(.&*+ 89'%. .+' &.(.&1&1 *4($;$)2D!2 (X,�)" /*& %$)*+$ .%' A #3&'%.(.( &*#%.&*+ 89'%. .+' &*#%.&1&1 *4($;$)2DD2 (X,�)" .4. %$)*+$ .%' A #3&'%.(.( &.(.&*+ 89'%.< &.(.&1&1 :' .(M&1&16*#$,$) :' ;*.&* :*);$)2,+"-./-+D2 A = {1, 2, 3, 4, 5, 6, 7, 8, 9} #3&'%.(;' /*($&+$

� = {(x, y) | x ≤ y}-*9$(/$%$($( -.) /*& %$)*+*&* -*9$(/$%$ 0+;191(1 @8%/').(.?2



 !"! #$# %&'()(*(  ! !"#$% � "#$%&'%(%&%& )#&(%*#+%, #&'-(-*.'/-0, 1.2-30.& 4. 5/16& 7+89$9&915('./*.+-)-:; <9&+#/, ≤ "#$%&'%(%&%& 1./2.0 (#)%+#/ 06*.(- 6:./-&8.0-5:.+-0+./8.& 2%0#/; =#'.&, � "#$%&'%(%, (#)%+#/8#0- ≤ "#$%&'%(%&%& (7)9'06*.+./. 1.&-3+.'-+*.(-&8.& "#30# "-/ 3.) 8.$-+8-/; >7+#)%(%)+#, 5:.+ 7+#/#0,(#)%+#/# 9)19+#&8%$%&8# ≤ "#$%&'%(%&# 8.&0 7+9/; <9&9 #3#$%8#0- 1./.0?'-/*.+./8.& 07+#)# 15/."-+-/-:;
x ∈ A ⇒ x = x

⇒ (x = x) ∨ (x < x)

⇒ x ≤ x

⇒ x � x

⇒ � &'()*$'+*,*-.
(x, y ∈ A) ∧ (x 6= y) ∧ (x ≤ y) ⇒ (x > y)

⇒ (y 6≤ x)

⇒ y 6� x

⇒ � '(/0)0$1/-02/0-.
(x, y, z ∈ A) ∧ (x ≤ y) ∧ (y ≤ z) ⇒ (x ≤ z)

⇒ (x � z)

⇒ � 3140521(,0-.
x, y ∈ A ⇒ (x < y) ∨ (x = y) ∨ (x > y)

⇒ (x ≤ y) ∨ (x ≥ y)

⇒ (x ≤ y) ∨ (y ≤ x)

⇒ (x � y) ∨ (y � x)

⇒ � !-3#(,#-.A; A = {1, 2, 3} 06*.(- 6:./-&8. '#&%*+%,
β = {(1, 1), (2, 2), (3, 3), (1, 2), (1, 3), (2, 3)}"#$%&'%(%&%& "-/ '#* (%/#+#*# "#$%&'%(% 7+89$9&9 15('./-&-: 4. 1/#B$-&-2-:-&-:; !"#$%C#D β "#$%&'%(%, 053.1.&- -2./8-$- -2-&)#&(%*#+%8%/;C"D E53.1.& 8%3%&8#, 053.1.&. 15/.(-*.'/-0 7+#& &70'#+#/ -2./*.8-?$-&8.&, #&'-(-*.'/-0'-/;



 !  !"#$ %& '()*"*$*  *+(,-("*)("$ x, y, z ∈ β %&'(
((x, y) ∈ β) ∧ ((y, z) ∈ β) ⇒ (x, z) ∈ β)*+,-,.,( /'0 1%0 2-' 3%45% %3%. 5'6 5'6 720'1%*%0%89"+$ :;<'=' >%5 /'0 2-' 3%45% <,6>='&' '+%*'1%*<'65'+%09? />*+'( β 1%0 5>< &@0>*><> 1>-@.5@&@+@09 A>-@.5@.@. 70>B-% =,6>0@+> 3%8%*<%C5%09D@0>*><> 1>-@.5@*>0@.@. 70>B6*'0%.%.( 62C'7'.%. =>*.@8 1%0 5>0>4@.+> 6>*+@-@.>+%66>5 '+%.%89E9

β = {(a, a), (b, b), (c, c), (a, b), (a, c), (b, c)}1>-@.5@&@.@. 5;0;.; &2=*'=%.%89 F0>B-%.% 3%8%.%89  !"#$% A>-@.5@ AG H >(1( I6;<'&% ;8'0%.+' 5>.@<*@+@09 J>.K&@<>*@( >.5%&%<'50%6( 7'3%C6'. L'207;. )*+,-, 6)*>=> 720;*;09? />*+'( β
A ≺ a ≺ B ≺ b ≺ C ≺ c,≺ D ≺ d ≺ · · · ≺ Y ≺ y ≺ Z ≺ z1%3%<%.+' &@0>*>.+@-@.@ 1%*%=)0,89 R6% &28;-;. &@0>&@ C2=*' 1'*%0*'.%09P*4>1' &@0>*><>&@.> 720'(">$ S.'( 1%0%.% />0Q'0' 1>6@*@09 A%0%.% />0B( 2.' 7'*'. &28;6 2.+'+%09"1$ A%0%.% />0Q'0% 'C%5&'( %6%.% />0Q'0' 1>6@*@09 R6%.% />0B 2.' 7'*'.&28;6 2.+'+%09"$ A%0%.% L' %6%.% />0Q'0% 6>0C@*@6*@ 'C%5&'( ;3;.; />0Q'0' 1>6@*@09 T3;.;/>0B( 2.' 7'*'. &28;6 2.+'+%09"+$ A%0%.%( %6%.% L' ;3;.; />0Q'0% 6>0C@*@6*@ 'C%5&'( +20+;.; />0Q'0'1>6@*@09 U20+;.; />0B( 2.' 7'*'. &28;6 2.+'+%09"'$ VC%5 )*<>=>. />0Q'0 )05>=> 3@6>.> 6>+>0( 1'.8'0 %C*'<' +'L>< '+%*%09"4$ A%0%&%.%. />04 &>=@&@ 1%5'.' 6>+>0( />0Q'0%. 'C%5*%-% +'L>< '+'0&'( />04&>=@&@ +>/> >8 )*>. &28;6 2.+'+%09



 !"! #$%&'%()#$#(  !"#$%&'$( ) !"! #$) *% ) !"%&$) +,-/01%#'$' 2/3/$%1'45 610 /7 89#:%#' %3';<12=&=$29$( 2,#2/$/ 89#:%#% >90?1?#5
a ≺ d ⇒  !"! #$ ≺  !"%&$<1990;?#5@'42'( >=$= >'# 0=#91 <19#90( 49;%49;'0+%1 +%4><11%#1% A9-91?45

x � y ⇔ (a1 ≺ b1) ∨

[(a1 = b1) ∧ (a2 ≺ b2)] ∨

[(a1 = b1) ∧ (a2 = b2) ∧ (a3 ≺ b3)] ∨

[(a1 = b1) ∧ (a2 = b2) ∧ (a3 = b3) ∧ (a4 ≺ b4)] ∨

· · ·

[(a1 = b1) ∧ (a2 = b2) ∧ · · · ∧ (an−1 = bn−1) ∧ (an ≺ bn] !" #$%&'%()#$#(B5 A = {3, 5, 6, 10, 12} 0/4%+' /-%#'$2% ;9$?41?(
β = {(3, 3), (3, 6), (3, 12), (5, 5), (5, 10), (6, 6), (6, 12), (10, 10)}>9&?$;?+?(C9D 2%$01'0 >9&?$;?+? 4?2?#EC>D 0?+4F? +?#91949 >9&?$;?+? 4?2?#ECD >'# ;94 +?#91949 >9&?$;?+? 4?2?#EG%2%$1%#'A1% 97?019A?$?-5H5 B = {3, 5, 6, 7, 8, 12} 0/4%+' /-%#'$2% ;9$?41? β = {(x, y)|x ≤ y} >9&?$;?+?(C9D 2%$01'0 >9&?$;?+? 4?2?#EC>D 0?+4F? +?#91949 >9&?$;?+? 4?2?#ECD ;94 +?#91949 >9&?$;?+? 4?2?#EG%2%$1%#'A1% 97?019A?$?-5!5 C = {1, 3, 5, 7, 9, 11, 13, 15} 0/4%+' /-%#'$2% β = {(x, y) | x|y } >9&?$;?+?(C9D 2%$01'0 >9&?$;?+? 4?2?#EC>D 0?+4F? +?#91949 >9&?$;?+? 4?2?#ECD >'# ;94 +?#91949 >9&?$;?+? 4?2?#EG%2%$1%#'A1% 97?019A?$?-5I5 A = {0, 1, 2, 4, 6} 0/4%+'$2% ;9$?41? 939&?290' >9&?$;?19#?$ ;/#1%#'$' >%1'#J;'$'-5



 !  !"#$ %& '()*"*$*  *+(,-("*)("#$ β1 = {(0, 0), (1, 1), (2, 2), (4, 4), (6, 6), (2, 4)}"%$ β2 = {(0, 0), (1, 1), (2, 2), (4, 4), (2, 6), (6, 4)}"$ β3 = {(1, 1), (2, 2), (4, 4), (6, 6), (4, 6), (6, 4)}"'$ β4 = {(0, 0), (1, 1), (2, 2), (4, 4), (6, 6)}() D = {2, 4, 12, 24} *+,-./ +0-1/2'- β = {(x, y) | x|y } %#34254.46"#$ '-2*7/* %#34254.4 ,4'418"%$ *4.,94 .41#7#,# %#34254.4 ,4'418"$ %/1 5#, .41#7#,# %#34254.4 ,4'418:-'-27-1/;7- #<4*7#;4240)=) >0-1/2'- ?0?27?* 5#24,74 %/1 *+,- +0-1/2'-  !"#" $%&" !'()*!)+ %#342@54.42426 %/1 5#, .41#7#,# %#34254.4 A7'?3?2? BC.5-1/2/0)" DA7 EC.5-1,-FG+,- +0-1/2'-6 Hx � y ⇔ x, y !', $%&" !'()*!)+H %#34254.424 5#24,7#;4240)I) J/1 *-255- ;#K#;#2 /2.#27#1 *+,-./ +0-1/2'-6
β = {(x, y) | x, y ,), "-*"&%!%+}%#34254.46"#$ '-2*7/* %#34254.4 ,4'418"%$ *4.,94 .41#7#,# %#34254.4 ,4'418"$ %/1 5#, .41#7#,# %#34254.4 ,4'418:-'-27-1/;7- #<4*7#;4240)L) A = {1, 2, 3, 5, 7} *+,-./2'- 5#24,74 β = {(x, y) : x | y} %#34254.42425+1+2+ %-7/15/2/0) ) J/1 A *+,-./ +0-1/2'- 5#24,74 %/1 β %#34254.4 M-1/7/;A1)"#$ β %/1 *4.,94 .41#7#,# %#34254.4 /.- β−1 '- %/1 *4.,94 .41#7#,# %#34254.4A7?1 ,?8 :-'-28"%$ β %/1 5#, .41#7#,# %#34254.4 /.- β−1 '- %/1 5#, .41#7#,# %#34254.4A7?1 ,?8 :-'-28NO) A 242 %/1 P#. #75 *+,-./2'- 5#24,74 %/1 5#, .41#7#,# %#34254.46 A +0-1/2'-'- %/1 5#, .41#7#,# %#34254.4 A7?1 ,?8 :-'-28NN) J/1 *+,- +0-1/2'- 5#24,74 /*/ *4.,94 .41#7#,# %#34254.4242 #1#*-./5/ '- %/1*4.,94 .41#7#,# %#3454.4 ,4'418 :-'-28


